For each integer n > 2, an example is constructed of a 2-generator, 2-relator presentation of a group G(n) of cohomological dimension n + 1.
On the other hand, if there is a generator which does not appear in one relator, but essentially appears in the other, then the presentation is "reducible" in the sense of [2] . If in addition neither relator is a proper power modulo the other, then the group has cohomological dimension at most 2.
In fact, we construct examples of two-relator groups of any given finite cohomological dimension. Let G(n) be the group (x,y\[x,x?},[y",x}xy).
is clearly infinite cyclic. We prove Proposition.
G(n)' is free abelian of rank n.
It follows that G(n) is poly-(infinite cyclic) of Hirsch number (and hence cohomological dimension) n + 1.
Proof of Proposition. Clearly G(n)' is the normal closure in G(n) of x, so is generated by the elements x¡ = y~'xy' (i e Z). Indeed the second defining relation can be rewritten in terms of these new generators as xn = Xq*,, so G(n)' is actually generated by x0,..., xn_x, subject to the relations [x¡, xi+1] (i e Z).
Thus G(n)'/G(n)" is free abeUan of rank n, and so it suffices to prove that G(n)" = {1}, in other words that G(n)' is abelian. To do this it suffices in turn (using the automorphisms x¡ -* x¡+1 of G(n)') to prove that [x0, x¡] = 1 for all / > 0, and we shall prove the latter statement by induction on i. Now [x0, 
